Another extention of Theorem 1.1 to a more general problem than (1.1) has been established by J. Tippett [13] . Now we turn our attention to the fourth-order boundary value problem
It describes the deformations of an elastic beam in equilibrium state, whose two ends are simply supported. Due to the fact that beams are used in structures such as aircraft, buildings, ships, and bridges, to find conditions ensuring the existence of at least one solution of (1. 
has a unique solution.
This theorem was generalized by C. P. Gupta [4, Theorem 3 .1] as follows: for all (x, u) 
then the boundary value problem (1.2) has a unique solution.
In fact, it should be mentioned that in [4] a much more general result than Theorem 1.4 is presented. On the other hand, for existence-uniqueness results regarding more general problems than (1.2), the reader is referred to
Finally, we point out the following existence-uniqueness theorem established by C. P. Gupta [5, Theorem 3 .2] for a special case of (1.2), when the elastic beam is at resonance: The main purpose of the present paper is to prove a common generalization of Theorems 1.1-1.4. It refers to the even-order two-point boundary value problem
generalizing (1.1), (1-2), and (1.3).
Unique solvability of the boundary value problem (1.4)
In the proof of our main result we will use the following global inversion theorem of Hadamard-Levy type established by M. Radulescu and S. Radulescu (cf. [12, Theorem 2] ): Besides, we need several inequalities, contained in the following lemma. Proof. Let ii 6 I be arbitrarily chosen. Integrating by parts n times, we get l l
|| • ||o) be a Banach space and let L : D{L) -» Y be a linear operator with closed graph, where D(L) is a linear subspace of Y. Then D(L) is a Banach space with respect to the norm defined by
IM|i := |M|o+||L(u)||o, ueD(L)
\h(x)A(h)(x)dx = (-l) n ||h (n) ||! -\v(x)h

T. Trif
Using now (2.1), (2.4), (2.5), and the Cauchy-Schwarz inequality, we deduce that
Using again (2.1) we have
Taking into account that P(/i)||0 > p(/i)||2, from (2.2) and (2.7) it follows that (2.6) holds true.
• Now we are ready to state and prove the main result of the paper, concerning the unique solvability of the boundary value problem (1.4). Further, let
Prom the proof of Lemma 2.6 it follows that X is a closed subspace of D(L) in the norm || • ||i. Consider now the nonlinear operators N,S : X -> Y, defined by
The regularity assumption on / ensures that S is of class C 1 . Moreover, we have
for all u,h 6 X and all x 6 [0,1]. We claim that 
